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2-Conservativity of Doctrine extensions
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2-Conservativity of Doctrine extensions
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What are duals for?
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Non-conservativity of duals
The Simflps‘f ho\Hon 010 duq’ iv\volws ]l — /4@/3(* and }A\*@A — I
A §mee+fic Vr\ono:‘ddf Ca{‘éﬁor)/ with all Such JU@IS L5 GO)u)DadL ¢ Josed.

These are NOT 2= concerualive  over (clsed) symmetric monoidal calegories

because "Hley )mve ‘flfaaos (a,lc.a, d@aa“ock;)l
(EV'_" C")"'Padl C)05€¢{ Cd%eﬂorifs

I ) |
are  2-conservative ove
A A¥ A g/‘* 7(@“66{ Vnowoia{al M%éﬁort‘csr
J& ‘J;yal‘ﬁ‘}rve‘f-)/e,,hﬁy)
A*®A_ . W
A A J/ Ts there a weatkey\ SorT o*/ uql 4

4 it 15 2-comervative over (SMCs 7



Review of multicategories
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Representability of multicategories and polycategories
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Internal-homs in >%k-autonomous categories
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Doctrinal Yoneda embeddings
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Gluing with the Yoneda embedding (Lafont)
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The map to the gluing category
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The section of the gluing category
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From gluing to 2-conservativity
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Lafont gluing: summary
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From multicategories to polycategories, |
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Tensor products in the left adjoint
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From multicategories to polycateqgories, Il
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The Chu construction
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Modules for polycategories (Hyland)
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Yoneda embeddings for polycategories (Hyland)
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Modified envelopes

If £ has some ®s  say of) Jet g‘Nao& bo those modules that-
PT@SEY‘VQ ‘/’)\em /Z(A,...)AH/B/C) é/\{(A’Um} A)\/ E@)C)
and  Eny, (L) = Chu(g~Nao{d/ £).

W al‘d—' E’ — Em& (éa) B 7(:4/[; 7%:’7%41// preserves The ®s In YL
and Env, (éo) s %= aufonsmous,

&“M)/An% CSNC f Cmbeajs "ﬁ )7 b(? A C/OSeJ )’nom)wlct 7EUM(7LDV
Ih 7L))€ X~ mLOnonwus Cﬁleﬁory E)’H/ (Léo).



Contents

» Conservativity

» Duals
» Conservativity via gluing
» Yoneda embeddings for duals

» Double gluing



Lafont gluing for x-autonomous categories
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The double Chu construction
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Double gluing (Hyland-Tan-Schalk)
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Vistas
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